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In this paper we investigate the relative (quasi-)discreteness of any module M
with respect to any module N. Let 0 — N’ — N — N’ — 0 be an
exact sequence and let M be an N-amply supplemented module. Assume that
B(M/T, N) is closed under supplement submodules for every factor module
M/T of M. Then M is N-lifting(quasi-discrete) if and only if M is N’- and
N''-lifting(quasi-discrete).
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1. Introduction

In recent years, several authors (c.f. [1]-[5]) have studied discrete modules
and other related concepts as interesting generalizations of the concept of
projectivity and lifting property of modules. A comprehensive account of
the theory of discrete modules can be found in® and.?

Although relative projectivity has been studied in detail, it appears
that not much work has yet been done to study the discreteness of
an arbitrary module M with respect to another module N, namely the
N-discreteness of M. In this paper, we propose a definition for M to
be N-(quasi-)discrete and derive some consequences and properties. We
show that if M is @7 ,N;-lifting ((quasi-)discrete), then M is N;-lifting
((quasi-)discrete) for every i = 1,--- ,n.

Throughout this paper, R denotes a ring with identity and all modules
are unital right modules unless otherwise specified. For R-modules A and B,






